(ii) 8 satisfying (P. (d) If G C X and (G, A) £ 8 for each A £ a then G £ a.
A full account of this and other related material is given in [lj.
Example 1. This is an example of a Lo-space in which some ultrafilters are contained in no cluster.
Since each ultrafilter is contained in a maximal bunch, the Lo-space constructed here will contain maximal bunches which are not clusters.
Let J ,, J 2, J, and J"4 be four distinct nonprincipal ultrafilters on an infinite set X, and let J" 5 = Jj. Define a binary relation 8 on the power set of X as follows:
A8B if and only if at least one of the following two conditions is satisfied:
(i) A n B ^0;
(ii) For some i, 1 < z < 4, one of the sets A, B is in J". and the other belongs to Ai+ j.
It is easy to verify that 8 is a Lo-proximity. We claim that the filter J . cannot be contained in any cluster for any i, 1 < i < 4. We prove this (i) A nBfi 0. (iv) A and B are both uncountable.
The verification of 8 being a separated Lo-proximity is straightforward.
Also the collection C of all uncountable subsets of R can easily be seen to be a bunch. We claim that 4 is a maximal bunch but not a cluster.
To show that 4 is a maximal bunch, take any bunch C,\ such that Case 1. I € j. In this case the collection o-\ACR: Ae J or A contains an uncountable subset of P | is a cluster containing J.
